Introduction and statement of main result
Let D be the unit disc in C and dλ be its Lebesgue measure. where K is the reproducing kernel of P . The purpose of this note is to give an upper pointwise estimate of K for some class of subharmonic functions φ on D introduced by Oleinik [10] and OleinikPerel'man [11] . Definition 1.1. For φ ∈ C 2 (D) and ∆φ > 0 put τ = (∆φ) −1/2 where ∆ is the Laplace operator. We call φ ∈ OP(D) if the following conditions holds.
Some examples of functions in OP(D) are as follows : 
In [4] and [9] M.Christ and J.Marzo-J.Ortega-Cerdà obtained a pointwise estimates for the Bergman kernel of the weighted Fock space F 2 φ (C) under the hypothesis that ∆φ is a doubling measure. This result was extended to several variables by H.Delin and H.Lindholm in [5] and [7] under similar hypothesis. In [12] 
For φ ∈ OP(D) and under the strong condition :
H.Arroussi and J.Pau [1] give the following pointwise estimate : for each k ≥ 1 there exists C k > 0 such that
where
. A better estimate will be
e −σdτ (z,w) .
Proof of theorem 1.2
Near the diagonal, by [8,lemma 3.6 ] there exists α > 0 sufficiently small such that
Off the diagonal, let |z−w| > α min[τ (z), τ (w)] and β > 0 such that D(z, βτ (z))∩ D(w, βτ (w)) = ∅. We may suppose that τ (z) ≤ τ (w). Fix a smooth function 
dλ) of∂u = f∂χ, and from the fact χ(z) = 0, we have
for some ν > 0. By the mean value inequality
Since the linear curve γ(t) = (1 − t)z + tζ lies in D(z, ντ (z)) and τ (γ(t)) ∼ τ (z),
for ζ ∈ D(z, ντ (z)). Hence
The function ζ → d φ (ζ, z) is smooth on D \ Cut(z) ∪ {z} where Cut(z) is the cut locus : the set of all cut points of z along all geodesics that start from z.
To get a smooth Lipschitz approximation of d φ , we recall the following result of Greene-Wu [6] ( see also [2] ). We use this result with h(ζ) = d φ (ζ, z), η = 1 and r = 1. We have 
provided that τ |∂ω ǫ | ≤ µω ǫ with µ < √ 2 where ω ǫ (ζ) = e −Cǫgz(ζ) . If we choose ǫ small enough so that µ = 2Cǫ < √ 2 then τ |∂ω ǫ | = Cǫτ |∂g z |ω ǫ ≤ µω ǫ . Thus
where for the last term we use τ (ζ) ∼ τ (w). Since ζ ∈ D(w, βτ (w)) we have
and thanks to ( * ), we conclude |K(z, w)|e −(φ(w)+φ(z)) ≤ C τ (z)τ (w) e −σd φ (z,w) .
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